Losning till problemet oktober 2002
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Antag nu att n = 5. Eftersom Z P; ar invariant under alla permutationer av ai,as,...,a, kan vi
anta att a; < ag < --- < as. ijz(lag) —aq1)(as — az)(as — ag) > (ag — a1)(aq — ag)(ayg — ag) foljer att
P54+ Py = (a5 — aq) ((as — a1)(as — a2)(as — a3) — (ag — a1)(ag — a2)(aq — asz)) > 0.

Anlogt gller
Py + Py = (a2 —a1) ((ag — a1)(aq — a1)(as — a1) — (a3 — az)(ag — az)(as — az)) > 0.
Dessutom r P3 = (a3 — a1)(ag — a2)(aqg — a3)(as — ag) > 0.
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Allts r ZB > 0 och P5 r sann.
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Fallet n = 3 kan behandlas analogt eller alternativt med kvadratkomplettering.

ZPZ‘ = (a1 —a2)(a1 —a3) + (a2 — a1)(az — az) + (a3 — a1)(az — az)

(a1 — ag)(al — a3 —ag + ag) + (a3 — al)(ag — ag)
= (a1 — a2)2 + (a3 —a1)(ag — a1 + a1 — az)

= (a1 —a2)* + (a3 —a1)* + (a3 — a1)(a1 — a2)
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= ((a1 — ag) + %(ag, — a1)> + Z(CB — a1)2 > 0.

Likhet intrffar om och endast om a; = a9 = as.



